
  	
        Volume 21, issue 1 (2021)

      


  	
        	
              	
                    
                      Download this article
                    

                  
	[image: Download this article ]	For screen
	For
                  printing


            

	  	
		     [image: ]
		  
	
		    [image: ]
		  



              	
              	Recent Issues

	              
                 Volume 24, 1 issue
             

              
                  Volume 23, 9 issues
                          

              
Volume 23
                 
Issue 9, 3909–4400
                 
Issue 8, 3417–3908
                 
Issue 7, 2925–3415
                 
Issue 6, 2415–2924
                 
Issue 5, 1935–2414
                 
Issue 4, 1463–1934
                 
Issue 3, 963–1462
                 
Issue 2, 509–962
                 
Issue 1, 1–508
             

              
                  Volume 22, 8 issues
                          

              
Volume 22
                 
Issue 8, 3533–4008
                 
Issue 7, 3059–3532
                 
Issue 6, 2533–3057
                 
Issue 5, 2007–2532
                 
Issue 4, 1497–2006
                 
Issue 3, 991–1495
                 
Issue 2, 473–990
                 
Issue 1, 1–472
             

              
                  Volume 21, 7 issues
                          

              
Volume 21
                 
Issue 7, 3221–3734
                 
Issue 6, 2677–3220
                 
Issue 5, 2141–2676
                 
Issue 4, 1595–2140
                 
Issue 3, 1075–1593
                 
Issue 2, 543–1074
                 
Issue 1, 1–541
             

              
                  Volume 20, 7 issues
                          

              
Volume 20
                 
Issue 7, 3219–3760
                 
Issue 6, 2687–3218
                 
Issue 5, 2145–2685
                 
Issue 4, 1601–2143
                 
Issue 3, 1073–1600
                 
Issue 2, 531–1072
                 
Issue 1, 1–529
             

              
                  Volume 19, 7 issues
                          

              
Volume 19
                 
Issue 7, 3217–3753
                 
Issue 6, 2677–3215
                 
Issue 5, 2151–2676
                 
Issue 4, 1619–2150
                 
Issue 3, 1079–1618
                 
Issue 2, 533–1078
                 
Issue 1, 1–532
             

              
                  Volume 18, 7 issues
                          

              
Volume 18
                 
Issue 7, 3749–4373
                 
Issue 6, 3133–3747
                 
Issue 5, 2509–3131
                 
Issue 4, 1883–2507
                 
Issue 3, 1259–1881
                 
Issue 2, 635–1258
                 
Issue 1, 1–633
             

              
                  Volume 17, 6 issues
                          

              
Volume 17
                 
Issue 6, 3213–3852
                 
Issue 5, 2565–3212
                 
Issue 4, 1917–2564
                 
Issue 3, 1283–1916
                 
Issue 2, 645–1281
                 
Issue 1, 1–643
             

              
                  Volume 16, 6 issues
                          

              
Volume 16
                 
Issue 6, 3073–3719
                 
Issue 5, 2459–3071
                 
Issue 4, 1827–2458
                 
Issue 3, 1253–1825
                 
Issue 2, 621–1251
                 
Issue 1, 1–620
             

              
                  Volume 15, 6 issues
                          

              
Volume 15
                 
Issue 6, 3107–3729
                 
Issue 5, 2479–3106
                 
Issue 4, 1863–2477
                 
Issue 3, 1239–1862
                 
Issue 2, 623–1238
                 
Issue 1, 1–622
             

              
                  Volume 14, 6 issues
                          

              
Volume 14
                 
Issue 6, 3141–3763
                 
Issue 5, 2511–3139
                 
Issue 4, 1881–2509
                 
Issue 3, 1249–1879
                 
Issue 2, 627–1247
                 
Issue 1, 1–625
             

              
                  Volume 13, 6 issues
                          

              
Volume 13
                 
Issue 6, 3099–3731
                 
Issue 5, 2471–3097
                 
Issue 4, 1857–2469
                 
Issue 3, 1243–1856
                 
Issue 2, 625–1241
                 
Issue 1, 1–624
             

              
                  Volume 12, 4 issues
                          

              
Volume 12
                 
Issue 4, 1901–2517
                 
Issue 3, 1265–1899
                 
Issue 2, 643–1263
                 
Issue 1, 1–641
             

              
                  Volume 11, 5 issues
                          

              
Volume 11
                 
Issue 5, 2477–3084
                 
Issue 4, 1861–2475
                 
Issue 3, 1243–1860
                 
Issue 2, 625–1242
                 
Issue 1, 1–624
             

              
                  Volume 10, 4 issues
                          

              
Volume 10
                 
Issue 4, 1865–2468
                 
Issue 3, 1245–1863
                 
Issue 2, 627–1244
                 
Issue 1, 1–625
             

              
                  Volume 9, 4 issues
                          

              
Volume 9
                 
Issue 4, 1885–2502
                 
Issue 3, 1255–1883
                 
Issue 2, 625–1254
                 
Issue 1, 1–624
             

              
                  Volume 8, 4 issues
                          

              
Volume 8
                 
Issue 4, 1855–2414
                 
Issue 3, 1223–1853
                 
Issue 2, 615–1222
                 
Issue 1, 1–613
             

              
                  Volume 7, 4 issues
                          

              
Volume 7
                 
Issue 4, 1633–2270
                 
Issue 3, 1135–1632
                 
Issue 2, 529–1134
                 
Issue 1, 1–528
             

              
                  Volume 6, 5 issues
                          

              
Volume 6
                 
Issue 5, 2031–2518
                 
Issue 4, 1519–2029
                 
Issue 3, 1025–1517
                 
Issue 2, 513–1024
                 
Issue 1, 1–512
             

              
                  Volume 5, 4 issues
                          

              
Volume 5
                 
Issue 4, 1291–1732
                 
Issue 3, 865–1290
                 
Issue 2, 443–864
                 
Issue 1, 1–442
             

              
                  Volume 4, 2 issues
                          

              
Volume 4
                 
Issue 2, 647–1272
                 
Issue 1, 1–645
             

              
                  Volume 3, 2 issues
                          

              
Volume 3
                 
Issue 2, 623–1292
                 
Issue 1, 1–622
             

              
                  Volume 2, 2 issues
                          

              
Volume 2
                 
Issue 2, 591–1204
                 
Issue 1, 1–590
             

              
                  Volume 1, 2 issues
                          

              
Volume 1
                 
Issue 2, 627–790
                 
Issue 1, 1–625
             




          



        	  	
		     [image: ]
		  
	
		    [image: ]
		  



        	
	The Journal

	
    About the Journal
	
    Editorial Board
	
    Editorial Interests
	
    Subscriptions
	 
	
    Submission Guidelines
	
    Submission Page
	
  Policies for Authors
	
    Ethics Statement
	 
	ISSN (electronic): 1472-2739
	ISSN (print): 1472-2747
	
    Author Index
	
    To Appear
	 
	
    Other MSP Journals








[image: ]


        	  	
		     [image: ]
		  
	
		    [image: ]
		  



      	    
      This article is available for purchase or by subscription. See below.
    

        	
              Rigidity in étale
              motivic stable homotopy theory
              Tom Bachmann

            
	
              
                Algebraic & Geometric Topology 21 (2021) 173–209
              

            
	
              
                DOI: 10.2140/agt.2021.21.173
              

            


        	
              Abstract

            
	
For a scheme 
X,
 denote by 
𝒮ℋ(Xét∧)
 the stabilization of the hypercompletion of its étale
 
∞–topos,
 and by 
𝒮ℋét(X)
 the localization of the stable motivic homotopy category
 
𝒮ℋ(X)
 at the (desuspensions of) étale hypercovers. For a stable
 
∞–category
 
𝒞, write
 
𝒞p∧ for the
 
p–completion
 of 
𝒞.
 
   We prove that under suitable finiteness hypotheses, and assuming that
 
p is invertible
 on 
X,
 the canonical functor
 

    
                              ep∧: 
𝒮ℋ(X
 ét∧)
 
p∧→𝒮ℋ
 ét(X)p∧
 

  is an equivalence of 
∞–categories.
 This generalizes the rigidity theorems of Suslin and Voevodsky (Invent. Math. 123
 (1996) 61–94), Ayoub (Ann. Sci. École Norm. Sup. 47 (2014) 1–145)
 and Cisinski and Déglise (Compos. Math. 152 (2016) 556–666) to the
 setting of spectra. We deduce that under further regularity hypotheses on
 
X, if
 
S is the set of primes not
 invertible on 
X, then the
 endomorphisms of the 
S–local
 sphere in 
𝒮ℋét(X)
 are given by étale hypercohomology with coefficients in the
 
S–local
 classical sphere spectrum:
                                                                   
 
                                                                   
 

    
                        [1[1∕S],1[1∕S]]𝒮ℋét(X) 
≃ ℍét0(X,1[1∕S]).
 

  This confirms a conjecture of Morel.
 
   The primary novelty of our argument is that we use the pro-étale topology of Bhatt
 and Scholze (Astérisque 369 (2015) 99–201) to construct directly an invertible object
 
1̂p(1)[1] 
∈𝒮ℋ(Xét∧)p∧ with the
 property that 
ep∧(1̂p(1)[1]) 
≃ Σ∞𝔾m 
∈𝒮ℋét(X)p∧.
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